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LHCb Run-2 2019:

LHCb Run-1 2015: one broad Pc(4380) and one narrow Pc(4450) state

— Significance of a broad state dropped

Pc’s decay strongly into J/! p →    quark content 
LHCb, PRL 115 072001  (2015), PRL 117 082002  (2016)

LHCb,  PRL 122 222001  (2019)

Pc’s  from "b→ K J/! p

— order of magnitude larger statistics

— Pc(4450) split into two states
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resonances with the same spin and parity, fits to the cos θPc-
weighted distribution are repeated using various coherent
sums of two of the BW amplitudes. Each of these fits
includes a phase between interfering resonances as an extra
free parameter. None of the interference effects studied is
found to produce a significant Δχ2 relative to the fits using
an incoherent sum of BWamplitudes. However, substantial
shifts in the Pþ

c properties are observed, and are included in
the systematic uncertainties. For example, in such a fit the
Pcð4312Þþ mass increases, while its width is rather stable,
leading to a large positive systematic uncertainty of
6.8 MeV on its mass.
As in Ref. [1], the Λ0

b candidates are kinematically
constrained to the known J=ψ and Λ0

b masses [29], which
substantially improves themJ=ψp resolution and determines
the absolute mass scale with an accuracy of 0.2 MeV. The
mass resolution is known with a 10% relative uncertainty.
Varying this within its uncertainty changes the widths
of the narrow states in the nominal fit by up to
0.5 MeV, 0.2 MeV, and 0.8 MeV for the Pcð4312Þþ,

Pcð4440Þþ, and Pcð4457Þþ states, respectively. The widths
of all three narrow Pþ

c peaks are consistent with the
mass resolution within the systematic uncertainties.
Therefore, upper limits are placed on their natural widths
at the 95% confidence level (C.L.), which account for
the uncertainty on the detector resolution and in the
fit model.
A number of additional fits are performed when evalu-

ating the systematic uncertainties. The nominal fits assume
S-wave (no angular momentum) production and decay.
Including P-wave factors in the BW amplitudes has
negligible effect on the results. In addition to the nominal
fits with three narrow peaks in the 4.22 < mJ=ψp <
4.57 GeV region, fits including only the Pcð4312Þþ are
performed in the narrow 4.22–4.44 GeV range. Fits are also
performed using a data sample selected with an alternative
approach, where no BDT is used, resulting in about twice
as much background.
The total systematic uncertainties assigned on the mass

and width of each narrow Pþ
c state are taken to be the

largest deviations observed among all fits. These include
the fits to all three versions of the mJ=ψp distribution, each
configuration of the Pþ

c interference, all variations of the
background model, and each of the additional fits just
described. The masses, widths, and relative contributions
(R values) of the three narrow Pþ

c states, including all
systematic uncertainties, are given in Table I.
To obtain estimates of the relative contributions of the

Pþ
c states, the Λ0

b candidates are weighted by the inverse of
the reconstruction efficiency, which is parametrized in all
six dimensions of the Λ0

b decay phase space [Eq. (68) in the
Supplemental Material to Ref. [30] ]. The efficiency-
weighted mJ=ψp distribution, without the mKp>1.9GeV
requirement, is fit to determine the Pþ

c contributions, which
are then divided by the efficiency-corrected and back-
ground-subtracted Λ0

b yields. This method makes the
results independent of the unknown quantum numbers
and helicity structure of the Pþ

c production and decay.
Unfortunately, this approach also suffers from large Λ$

backgrounds and from sizable fluctuations in the low-
efficiency regions. In these fits, the Pþ

c terms are added
incoherently, absorbing any interference effects, which can
be large (see, e.g., Fig. S2 in the Supplemental Material
[22]), into the BW amplitudes. Therefore, the R≡
BðΛ0

b → Pþ
c K−ÞBðPþ

c → J=ψpÞ=BðΛ0
b → J=ψpK−Þ val-

ues reported for each Pþ
c state differ from the fit fractions

TABLE I. Summary of Pþ
c properties. The central values are based on the fit displayed in Fig. 6.

State M [MeV] Γ [MeV] (95% C.L.) R [%]

Pcð4312Þþ 4311.9% 0.7þ6.8
−0.6 9.8% 2.7þ3.7

−4.5 ð<27Þ 0.30% 0.07þ0.34
−0.09

Pcð4440Þþ 4440.3% 1.3þ4.1
−4.7 20.6% 4.9þ8.7

−10.1 ð<49Þ 1.11% 0.33þ0.22
−0.10

Pcð4457Þþ 4457.3% 0.6þ4.1
−1.7 6.4% 2.0þ5.7

−1.9 ð<20Þ 0.53% 0.16þ0.15
−0.13
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FIG. 6. Fit to the cos θPc-weighted mJ=ψp distribution with
three BW amplitudes and a sixth-order polynomial background.
This fit is used to determine the central values of the masses and
widths of the Pþ

c states. The mass thresholds for the Σþ
c D̄0 and

Σþ
c D̄$0 final states are superimposed.
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two narrow peaks at 4440 and 4457 MeV, which are more
visible when the dominant Λ! → pK− contributions, which
peak at low pK− masses (mKp), as shown in the right plot
of Fig. 1 and in Fig. 2, are suppressed by requiring mKp >
1.9 GeV (see Fig. 3). This mKp requirement maximizes the
expected signal significance for Pþ

c states that decay
isotropically.
Performing a rigorous amplitude analysis of this new

data sample is computationally challenging. The mJ=ψp
mass resolution must be taken into account, and the size of
the data sample to fit has greatly increased. Formulating an
amplitude model whose systematic uncertainties are com-
parable to the statistical precision provided by this larger
data sample is difficult given the large number of Λ!

excitations [26,27] and coupled-channel effects [28], and
the possible presence of one or more wide Pþ

c contribu-
tions, like the previously reported Pcð4380Þþ state.
Fortunately, the newly observed peaks are so narrow that
it is not necessary to construct an amplitude model to prove
that these states are not artifacts of interfering Λ! reso-
nances [2].
Binned χ2 fits are performed to the one-dimensional

mJ=ψp distribution in the range 4.22 < mJ=ψp < 4.57 GeV
to determine the masses (M), widths (Γ), and relative
production rates (R) of the narrow Pþ

c states under the
assumption that they can be described by relativistic Breit-
Wigner (BW) amplitudes. These mJ=ψp fits alone cannot
distinguish broad Pþ

c states from other contributions that
vary slowly with mJ=ψp. Therefore, a verification of the
Pcð4380Þþ state observed in Ref. [1] awaits completion of
an amplitude analysis of this new larger dataset.

Many variations of the mJ=ψp fits are performed to study
the robustness of the measured Pþ

c properties. The mJ=ψp

distribution is fit both with and without requiring
mKp > 1.9 GeV, which removes over 80% of the Λ!

contributions. In addition, fits are performed on the
mJ=ψp distribution obtained by applying cos θPc

-dependent
weights to each candidate to enhance the Pþ

c signal, where
θPc

is the angle between the K− and J=ψ in the Pþ
c rest

frame (the Pþ
c helicity angle [1]). The Λ! contributions

mostly populate the cos θPc
> 0 region. The weights are

taken to be the inverse of the expected background at each
cos θPc, which is approximately given by the density of
candidates observed in data since the signal contributions
are small. The weight function is shown in Fig. 4. The best
sensitivity to Pþ

c contributions is obtained from the cos θPc-
weighted mJ=ψp distribution, followed by the sample with
themKp > 1.9 GeV requirement. However, since the back-
ground composition and shape are different in the three
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b → J=ψpK− candidates. The data

contain 6.4% of non-Λ0
b backgrounds, which are distributed

smoothly over the phase space. The vertical bands correspond to
the Λ! resonances. The horizontal bands correspond to the
Pcð4312Þþ, Pcð4440Þþ, and Pcð4457Þþ structures at m2
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after suppression of the dominant Λ! → pK− contributions with
the mKp > 1.9 GeV requirement. The inset shows a zoom into
the region of the narrow Pþ

c peaks.
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FIG. 4. Weight function wðcos θPcÞ applied to candidates,
determined as the inverse of the density of Λ0

b candidates in
the narrow Pþ

c peak region. The red line is a spline function used
to interpolate between bin centers.
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—samples with kinematic constraints:
⟹    suppress "*→ Kp

M. Karliner, Heavy 4q and 5q           ICNFP2020, Oct 2, 2020             
              

33

as of 2019

samples, the results from all three fits are used when
assessing the systematic uncertainties.
The one-dimensional fit strategy is validated on

ensembles of large simulated datasets sampled from several
six-dimensional amplitude models, similar to those of
Ref. [1], with or without a broad Pþ

c state and considering
various Pþ

c quantum number assignments. The main
conclusion from these studies is that the dominant system-
atic uncertainty is due to possible interference between
various Pþ

c states. Such interference effects cannot be
unambiguously disentangled using the mJ=ψp distribution
alone. Therefore, fits are performed considering many
possible interference configurations, with the observed
variations in the Pþ

c properties assigned as systematic
uncertainties.
In all fits, the mJ=ψp distribution is modeled by three

narrow BW Pþ
c terms and a smooth parametrization of the

background. Here, background refers to Λ" reflections,
small non-Λ0

b contributions (which comprise 6.4% of the
sample), and possibly additional broad Pþ

c structures.
Many different background parametrizations are consid-
ered (discussed below), each of which is found to produce
negligible bias in the Pþ

c parameters in the validation fits.
Each fit component is multiplied by a phase-space factor,
p · q, where p (q) is the breakup momentum in the Λ0

b →
Pþ
c K− (Pþ

c → J=ψp) decay. Since the signal peaks are
narrow, all fit components are convolved with the detector
resolution, which is 2–3 MeV in the fit region (see the
Supplemental Material [22]). Finally, the detection effi-
ciency has negligible impact on the signal mJ=ψp distribu-
tions, and therefore is not considered in these fits.
In the nominal fits, the BW contributions are added

incoherently. The results of these fits are displayed in Fig. 5
for two parametrizations of the background: one using a
high-order polynomial; and another using a low-order
polynomial, along with an additional wide Pþ

c BW term
whose mass and width are free to vary in the fits. For both
background parametrizations, a range of polynomial orders
is considered. The lowest order used for each case is the
smallest that adequately describes the data, which is found
to correspond to the minimum order required to obtain
unbiased Pþ

c estimators in the fit-validation studies in the
absence of interference. The highest orders are chosen such
that the background model is capable of describing any
structures that could be produced by either non-Pþ

c or
broad-Pþ

c contributions. Figure 6 shows the fit from which
the central values of the Pþ

c properties are obtained,
while the background-model-dependent variations observed
in these properties are included in the systematic uncertain-
ties. The fits with and without the broad Pþ

c state both
describe the data well. Therefore, these fits can neither
confirm nor contradict the existence of the Pcð4380Þþ state.
To determine the significance of the Pcð4312Þþ state, the

change of the fit χ2 when adding this component is used as
the test statistic, where the distribution under the null

hypothesis is obtained from a large ensemble of pseudoex-
periments. The p value, expressed in Gaussian standard
deviations, corresponds to 7.6σ (8.5σ) for the fits to the
mKp > 1.9 GeV (cos θPc-weighted) distribution, ignoring
the look-elsewhere effect. To account for this effect, the
mJ=ψp distribution in each pseudoexperiment is scanned to
find the most significant narrow and isolated peak (exclud-
ing the 4450 MeV peak region). This method lowers the
Pcð4312Þþ significance to 7.3σ (8.2σ).
To evaluate the significance of the two-peak structure

versus the one-peak interpretation of the 4450 MeV region,
the null hypothesis uses just one BW to encompass both the
Pcð4440Þþ and Pcð4457Þþ peaks [the fit also includes the
Pcð4312Þþ BW], which gives Pcð4450Þþ mass and width
values that are consistent with those obtained from the
amplitude analysis of Ref. [1]. Pseudoexperiments are
again used to determine the Δχ2 distribution under the
null hypothesis. The significance of the two-peak structure
is 5.4σ (6.2σ) for the mKp > 1.9 GeV (cos θPc-weighted)
samples. This significance is large enough to render the
single-peak interpretation of the 4450 MeV region obso-
lete. Therefore, the results presented here for this structure
supersede those previously presented in Ref. [1] (see the
Supplemental Material for more detailed discussion [22]).
To investigate the systematic uncertainties on Pþ

c properties
due to interference, which can only be important for Pþ

c
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FIG. 5. Fits to themJ=ψp distributions of the (top row) inclusive,
(middle row) mKp > 1.9 GeV, and (bottom row) cos θPc-
weighted samples with three incoherently summed BW ampli-
tudes representing the narrow Pþ

c signals on top of a (left column)
high-order polynomial function or (right column) lower-order
polynomial plus a broad Pþ

c state represented by a fourth BW
amplitude.
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mKp > 1.9GeV
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⇤
<latexit sha1_base64="Nnnj16hMaCVKHR9bU/7H/nCvwTA="></latexit>

— New Pc(4312) state



Disclaimer: I will not talk about  Pc’s as compact states,  hadrocharmonia, triangle mechanisms…

LHCb,  PRL 122 222001  (2019)

Pentaquarks as hadronic molecules

Pc(4312) —  near ΣcD,   Pc(4440) and  Pc(4457)  — near  ΣcD*  

— All Pc’s reside near S-wave hadronic thresholds: 

⟹ Hint for a molecular scenario 

Brambilla et al Phys.Rept. 873 (2020) 1

resonances with the same spin and parity, fits to the cos θPc-
weighted distribution are repeated using various coherent
sums of two of the BW amplitudes. Each of these fits
includes a phase between interfering resonances as an extra
free parameter. None of the interference effects studied is
found to produce a significant Δχ2 relative to the fits using
an incoherent sum of BWamplitudes. However, substantial
shifts in the Pþ

c properties are observed, and are included in
the systematic uncertainties. For example, in such a fit the
Pcð4312Þþ mass increases, while its width is rather stable,
leading to a large positive systematic uncertainty of
6.8 MeV on its mass.
As in Ref. [1], the Λ0

b candidates are kinematically
constrained to the known J=ψ and Λ0

b masses [29], which
substantially improves themJ=ψp resolution and determines
the absolute mass scale with an accuracy of 0.2 MeV. The
mass resolution is known with a 10% relative uncertainty.
Varying this within its uncertainty changes the widths
of the narrow states in the nominal fit by up to
0.5 MeV, 0.2 MeV, and 0.8 MeV for the Pcð4312Þþ,

Pcð4440Þþ, and Pcð4457Þþ states, respectively. The widths
of all three narrow Pþ

c peaks are consistent with the
mass resolution within the systematic uncertainties.
Therefore, upper limits are placed on their natural widths
at the 95% confidence level (C.L.), which account for
the uncertainty on the detector resolution and in the
fit model.
A number of additional fits are performed when evalu-

ating the systematic uncertainties. The nominal fits assume
S-wave (no angular momentum) production and decay.
Including P-wave factors in the BW amplitudes has
negligible effect on the results. In addition to the nominal
fits with three narrow peaks in the 4.22 < mJ=ψp <
4.57 GeV region, fits including only the Pcð4312Þþ are
performed in the narrow 4.22–4.44 GeV range. Fits are also
performed using a data sample selected with an alternative
approach, where no BDT is used, resulting in about twice
as much background.
The total systematic uncertainties assigned on the mass

and width of each narrow Pþ
c state are taken to be the

largest deviations observed among all fits. These include
the fits to all three versions of the mJ=ψp distribution, each
configuration of the Pþ

c interference, all variations of the
background model, and each of the additional fits just
described. The masses, widths, and relative contributions
(R values) of the three narrow Pþ

c states, including all
systematic uncertainties, are given in Table I.
To obtain estimates of the relative contributions of the

Pþ
c states, the Λ0

b candidates are weighted by the inverse of
the reconstruction efficiency, which is parametrized in all
six dimensions of the Λ0

b decay phase space [Eq. (68) in the
Supplemental Material to Ref. [30] ]. The efficiency-
weighted mJ=ψp distribution, without the mKp>1.9GeV
requirement, is fit to determine the Pþ

c contributions, which
are then divided by the efficiency-corrected and back-
ground-subtracted Λ0

b yields. This method makes the
results independent of the unknown quantum numbers
and helicity structure of the Pþ

c production and decay.
Unfortunately, this approach also suffers from large Λ$

backgrounds and from sizable fluctuations in the low-
efficiency regions. In these fits, the Pþ

c terms are added
incoherently, absorbing any interference effects, which can
be large (see, e.g., Fig. S2 in the Supplemental Material
[22]), into the BW amplitudes. Therefore, the R≡
BðΛ0

b → Pþ
c K−ÞBðPþ

c → J=ψpÞ=BðΛ0
b → J=ψpK−Þ val-

ues reported for each Pþ
c state differ from the fit fractions

TABLE I. Summary of Pþ
c properties. The central values are based on the fit displayed in Fig. 6.

State M [MeV] Γ [MeV] (95% C.L.) R [%]

Pcð4312Þþ 4311.9% 0.7þ6.8
−0.6 9.8% 2.7þ3.7

−4.5 ð<27Þ 0.30% 0.07þ0.34
−0.09

Pcð4440Þþ 4440.3% 1.3þ4.1
−4.7 20.6% 4.9þ8.7

−10.1 ð<49Þ 1.11% 0.33þ0.22
−0.10

Pcð4457Þþ 4457.3% 0.6þ4.1
−1.7 6.4% 2.0þ5.7

−1.9 ð<20Þ 0.53% 0.16þ0.15
−0.13
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FIG. 6. Fit to the cos θPc-weighted mJ=ψp distribution with
three BW amplitudes and a sixth-order polynomial background.
This fit is used to determine the central values of the masses and
widths of the Pþ

c states. The mass thresholds for the Σþ
c D̄0 and

Σþ
c D̄$0 final states are superimposed.
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Implications of QCD symmetries:  

—heavy-quark spin symmetry (HQSS):  there must  be seven 

—chiral symmetry:  one- and multi-pion exchanges 

Liu et al,  PRL 122 242001  (2019)

⟹

⟹ First predictions for spin partners using masses of Pc(4312), Pc(4440) and  Pc(4457)
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FIG. 1. Diagrams in TOPT responsible for the two contributions to the OPE potential. The solid line

represents the ⌃(⇤)
c , ⇤c and D̄(⇤), the dashed line denotes the pion field.

C. Next-to-leading-order contact terms

In Subsection IIA, we construct the LO contact potentials using the heavy-light spin structure

decomposition |sQ ⌦ j`i. Alternatively, one can also obtain those potentials using an e↵ective

Lagrangian. For the ⌃(⇤)
c D̄(⇤) and ⇤cD̄(⇤) channels, the e↵ective Lagrangian reads [21, 32, 60]

LLO = �Ca S
†

ab · SbahH̄†

c H̄ci � Cb i✏jikS
j†
abS

k
bahH̄†

c�
iH̄ci

+Cc

⇣
Si†
abTcahH̄†

c�
iH̄bi � T †

caS
i
abhH̄

†

b�
iH̄ci

⌘
� CdT

†

abTbahH̄†

c H̄ci, (23)

where the contact potentials Ca, Cb, Cc and Cd are related to those in Eqs. (7)-(9) as

Ca = 1
3C 1

2
+ 2

3C 3
2
, Cb=

1

3
(C 3

2
� C 1

2
),

Cc = 2
3C

0

1
2

, Cd = C 00

1
2

. (24)

The transitions between the elastic and inelastic channels in Eqs. (11) can also be obtained using

the e↵ective Lagrangian respecting the HQSS [32]:

Line =
gSp
3
N †�iH̄J†Si �

p
3gDN

†�iH̄(@i@j � 1

3
�ij@2)J†Sj , (25)

where N denotes the nucleon doublet, and J = �⌘c+� · contains the ground state charmonium

fields.

It was noticed in Refs. [65, 66] for B(⇤)B̄⇤ scattering that the NLO contact terms which con-

tribute to the S-D transitions need to be promoted to LO to tame the ultraviolet (UV) divergence

associated with the S-D OPE potentials in the course of iterations. The S-S NLO contact terms,

however, play a subleading role resulting only in a marginal improvement in the fits to the Zb line

central spin-spin

states⌃(⇤)
c D̄(⇤)
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as input and neglecting coupled-channels 

related works:  Xiao et al. PRD 100 014021 (2019),  Sakai et al. PRD 100 074007 (2019), …



This Talk is about

 ! A coupled-channel analysis of the LHCb spectra using an EFT approach  

☛  Fixing LECs from data and not from Breit-Wigner masses, as done before

☛ Parameter-free testable predictions for HQSS partners and line shapes in 
⇤b ! K⌃(⇤)D̄(⇤) and ⇤b ! K⌘cp

<latexit sha1_base64="14X4wUXcutYuNEW7baExdMZOGTs="></latexit>

☛  The role of one-pion exchange

 our works:  PRL 14, 072001 (2020)  and arXiv:  2102.07159   (2021)

650 140 205 MeV

⌃cD̄
<latexit sha1_base64="p+ERbmTspiMgpF8847T9alTvzao="></latexit>

⌃⇤
cD̄

<latexit sha1_base64="l8gcAWki1T27zc542PJ1Zv6zjOE="></latexit>

⌃cD̄
⇤

<latexit sha1_base64="hyxch74plB8IaeaenmQKr8HQcss="></latexit>

⌃⇤
cD̄

⇤
<latexit sha1_base64="EBmDOPEJ0Shn4U9stpdESPMw+X0="></latexit>
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⇤cD̄
⇤

<latexit sha1_base64="SsZ/Z+Bin0rc6RzsrLxtOYAJMNE="></latexit>

⇤cD̄⇡
<latexit sha1_base64="CgHe4B4tEMZOxcXwEs9fNWlNbHY="></latexit>

-35

⌘cp
<latexit sha1_base64="2Htazf3rFa8ZZPoX3UWABCSGKXw=">AAACKXicbVDLSgNBEJz1beLbo5fBIHgKiQrmGBXBo4LRQDaE3kknDs7OLDO9wbDsT3jVP/BrvKlXf8RJzEGNBQ1FVTfdXVGipKNK5T2YmZ2bX1hcWi4UV1bX1jc2t26cSa3AhjDK2GYEDpXU2CBJCpuJRYgjhbfR/dnIvx2gddLoaxom2I6hr2VPCiAvNUMk6AiedDZKlXJlDD5NqhNSYhNcdjaDYtg1Io1Rk1DgXKuWUDsDS1IozAth6jABcQ99bHmqIUbXzsb35nzPK13eM9aXJj5Wf05kEDs3jCPfGQPdub/eSPzPa6XUq7UzqZOUUIvvRb1UcTJ89DzvSouC1NATEFb6W7m4AwuCfES/tiAZoyLzkBcK4QmdYl/qcz2Q1ujRxxlBlCqweRaS1MPcx1f9G9Y0uTkoVw/LB1dHpfrpJMgltsN22T6rsmNWZxfskjWYYIo9sif2HLwEr8Fb8PHdOhNMZrbZLwSfXy/gp10=</latexit>

-400 -285

J/ p
<latexit sha1_base64="/aIBvzPh7spHJjBl4C5rYcNbSF4=">AAACK3icbVDLSgNBEJz1bXzr0ctgEDxITFQwx6gI4knBaDC7yOykE4fMziwzvcFl2b/wqn/g13hSvPofTmIOmljQUFR1090VxlJYLJffvYnJqemZ2bn5wsLi0vLK6tr6jdWJ4VDnWmrTCJkFKRTUUaCERmyARaGE27B72vdve2Cs0Ooa0xiCiHWUaAvO0El3F3t+bIW/S+P71WK5VB6AjpPKkBTJEJf3a96C39I8iUAhl8zaZjXGIGMGBZeQF/zEQsx4l3Wg6ahiEdggG1yc022ntGhbG1cK6UD9PZGxyNo0Cl1nxPDBjnp98T+vmWC7GmRCxQmC4j+L2omkqGn/fdoSBjjK1BHGjXC3Uv7ADOPoQvqzBVBrGerHvFDwj/EEOkKdqZ4wWvU/zpCFiWQmz3wUKs1dfJXRsMbJzX6pclDavzos1k6GQc6RTbJFdkiFHJEaOSeXpE44UeSJPJMX79V78z68z5/WCW84s0H+wPv6Bgtfp8I=</latexit>

…

Pc(4312) Pc(4440) Pc(4457)

⟹  extracting poles and residues

first data by LHCb for Λb →K ηcp :   PRD 102, 112012 (2020)

⇤cD̄
<latexit sha1_base64="Jld7LQX9w9gM+j+WjHTG31YddSg="></latexit>

-160

and for Λb →K ΛcD :   Piucchi phd thesis (2019)



Chiral EFT approach at low energies

!   Elastic coupled-channel

☛ typical soft scale Q is quite large because of coupled-channels

0 �
<latexit sha1_base64="IoELSitFJaTQ4WT4pr8f01q0csw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKexGQY9BLx4jmAckS+idzCZj5rHMzAphyT948aCIV//Hm3/jJNmDJhY0FFXddHdFCWfG+v63V1hb39jcKm6Xdnb39g/Kh0cto1JNaJMornQnAkM5k7RpmeW0k2gKIuK0HY1vZ377iWrDlHywk4SGAoaSxYyAdVKrNwQhoF+u+FV/DrxKgpxUUI5Gv/zVGyiSCiot4WBMN/ATG2agLSOcTku91NAEyBiGtOuoBEFNmM2vneIzpwxwrLQrafFc/T2RgTBmIiLXKcCOzLI3E//zuqmNr8OMySS1VJLFojjl2Co8ex0PmKbE8okjQDRzt2IyAg3EuoBKLoRg+eVV0qpVg4tq7f6yUr/J4yiiE3SKzlGArlAd3aEGaiKCHtEzekVvnvJevHfvY9Fa8PKZY/QH3ucPiDmPGQ==</latexit>

m⇡
<latexit sha1_base64="IdZIpHSesa/69n7n8SQsOpUVBfE=">AAAB7HicbVBNSwMxEJ31s9avqkcvwSJ4KrtV0GPRi8cKbltol5JNs21okg1JVihLf4MXD4p49Qd589+YtnvQ1gcDj/dmmJkXK86M9f1vb219Y3Nru7RT3t3bPzisHB23TJppQkOS8lR3YmwoZ5KGlllOO0pTLGJO2/H4bua3n6g2LJWPdqJoJPBQsoQRbJ0Uin5PsX6l6tf8OdAqCQpShQLNfuWrN0hJJqi0hGNjuoGvbJRjbRnhdFruZYYqTMZ4SLuOSiyoifL5sVN07pQBSlLtSlo0V39P5FgYMxGx6xTYjsyyNxP/87qZTW6inEmVWSrJYlGScWRTNPscDZimxPKJI5ho5m5FZIQ1JtblU3YhBMsvr5JWvRZc1uoPV9XGbRFHCU7hDC4ggGtowD00IQQCDJ7hFd486b14797HonXNK2ZO4A+8zx/S7Y6x</latexit>

⇤h ⇠ 1GeV
<latexit sha1_base64="fvlQVVnZ0Lle5Me6omjxFspphw0=">AAACBHicbVC7TsMwFHV4lvIKMHaxqJAYUJUUJBgrGGBgKBJ9SE0UOY7TWrWdyHaQqqgDC7/CwgBCrHwEG3+D22aAliNZOjrnXF3fE6aMKu0439bS8srq2nppo7y5tb2za+/tt1WSSUxaOGGJ7IZIEUYFaWmqGemmkiAeMtIJh1cTv/NApKKJuNejlPgc9QWNKUbaSIFd8W5NOELBwFOUQ9c7gbknObwm7XFgV52aMwVcJG5BqqBAM7C/vCjBGSdCY4aU6rlOqv0cSU0xI+OylymSIjxEfdIzVCBOlJ9PjxjDI6NEME6keULDqfp7IkdcqREPTZIjPVDz3kT8z+tlOr7wcyrSTBOBZ4vijEGdwEkjMKKSYM1GhiAsqfkrxAMkEdamt7IpwZ0/eZG06zX3tFa/O6s2Los6SqACDsExcME5aIAb0AQtgMEjeAav4M16sl6sd+tjFl2yipkD8AfW5w8RcpcU</latexit>

⌃(⇤)
c D̄(⇤)

<latexit sha1_base64="fjFMOK6K+luL1dVh0OlkA/zElo0="></latexit>

potential to a given order in Q/"h

Q

ptyp =
p
m �

<latexit sha1_base64="WC39KTufFrjjfhYm2FWS42WZEJg=">AAACB3icbVC7SgNBFJ31GeMrainIYBAsJOxGQRshaGMZwTwgG8Ls5CYZMrO7ztwVwpLOxl+xsVDE1l+w82+cPApNPDBwOOde7pwTxFIYdN1vZ2FxaXllNbOWXd/Y3NrO7exWTZRoDhUeyUjXA2ZAihAqKFBCPdbAVCChFvSvR37tAbQRUXiHgxiainVD0RGcoZVauYO4lfpaUesNL31zrzFV/gn12yCRDWkrl3cL7hh0nnhTkidTlFu5L78d8URBiFwyYxqeG2MzZRoFlzDM+omBmPE+60LD0pApMM10nGNIj6zSpp1I2xciHau/N1KmjBmowE4qhj0z643E/7xGgp2LZirCOEEI+eRQJ5EUo1FwoG2hgaMcWMK4FvavlPeYZhxtdVlbgjcbeZ5UiwXvtFC8PcuXrqZ1ZMg+OSTHxCPnpERuSJlUCCeP5Jm8kjfnyXlx3p2PyeiCM93ZI3/gfP4A5mKZUA==</latexit>
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uq
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b!,",…
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q
B⇤

<latexit sha1_base64="Z/NQifp4ie2X6c0EOsIQdarSYOw="></latexit>

B̄
<latexit sha1_base64="tkzNTdORmTOHwovzi7hFkph6fGs="></latexit>

 Voloshin, Okun (1976)c
q

u
D̄

<latexit sha1_base64="Dokf/n3ErRsgw6x1k4oikMT/F7U="></latexit>

(⇤)
<latexit sha1_base64="sOYT5//kv2/ZKJJbLPBYEQZmpp4="></latexit>

q
Σ(⇤)

<latexit sha1_base64="oqwEAsUir72jYx5RKQZ0wyG8Y7I=">AAACJHicbVBNS0JBFJ3Xp2kfWss2jySwFqIW1LKMoKVRpqAi88arDs6beczcJ8nj/YS29Q/6Ne2iRZt+S6NJpHbgwuGce7n3Hi8Q3GCh8OksLa+srq0nNpKpza3tnXRm98GoUDOoMiWUrnvUgOASqshRQD3QQH1PQM0bXI392hC04Ure4yiAlk97knc5o2ilu9zxUTudLeQLE7i/pDhPsmSKSjvjpJodxUIfJDJBjWmcB9iKqEbOBMTJZmggoGxAe9CwVFIfTCuanBq7h1bpuF2lbUl0J+rfiYj6xox8z3b6FPtm3huL/3mNELvnrYjLIESQ7GdRNxQuKnf8t9vhGhiKkSWUaW5vdVmfasrQpjOzBVAp4anHOJlsXmIZelxeyyHXSo4/jpB6oaA6jprI5Si28S2EtUgeSvniSb50e5q9KE+DTJB9ckBypEjOyAW5IRVSJYz0yBN5Ji/Oq/PmvDsfP61LznRmj8zA+foGM2akvw==</latexit> −c

q!,",…

☛

Long range: OPE

+
           2 S-S wave LECs at O(Q0)

1 S-D wave LEC at O(Q2)

⇡
<latexit sha1_base64="MMfoOZUbGzRkaB76umvTEWj+CN8=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mqoMeiF48V7Qe0oWy2k3bpZhN2N0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4dua3n1BpHstHM0nQj+hQ8pAzaqz00Et4v1xxq+4cZJV4OalAjka//NUbxCyNUBomqNZdz02Mn1FlOBM4LfVSjQllYzrErqWSRqj9bH7qlJxZZUDCWNmShszV3xMZjbSeRIHtjKgZ6WVvJv7ndVMTXvsZl0lqULLFojAVxMRk9jcZcIXMiIkllClubyVsRBVlxqZTsiF4yy+vklat6l1Ua/eXlfpNHkcRTuAUzsGDK6jDHTSgCQyG8Ayv8OYI58V5dz4WrQUnnzmGP3A+fwBRC43R</latexit>

⌘c, J/ 
<latexit sha1_base64="UJMc4dfA9JsPASNydpEdbAWe7XQ=">AAAB+nicbVBNS8NAEJ34WetXqkcvi0XwIDWpgh6LXsRTBfsBTQib7aZdutmE3Y1San+KFw+KePWXePPfuG1z0NYHA4/3ZpiZF6acKe0439bS8srq2npho7i5tb2za5f2mirJJKENkvBEtkOsKGeCNjTTnLZTSXEcctoKB9cTv/VApWKJuNfDlPox7gkWMYK1kQK75FGNA3KCPIRuT726YoFddirOFGiRuDkpQ456YH953YRkMRWacKxUx3VS7Y+w1IxwOi56maIpJgPcox1DBY6p8kfT08foyChdFCXSlNBoqv6eGOFYqWEcms4Y676a9ybif14n09GlP2IizTQVZLYoyjjSCZrkgLpMUqL50BBMJDO3ItLHEhNt0iqaENz5lxdJs1pxzyrVu/Ny7SqPowAHcAjH4MIF1OAG6tAAAo/wDK/wZj1ZL9a79TFrXbLymX34A+vzBxtFkpo=</latexit>

+V e↵
LO

<latexit sha1_base64="1ZhKthZgxn+w8UKEpdmGtH3g8Go=">AAAB/XicbZDLSsNAFIYnXmu9xcvOzWARXJWkCrosunEhWMFeoI1hMp20Q2cmYWYi1BB8FTcuFHHre7jzbZymWWjrDwMf/zmHc+YPYkaVdpxva2FxaXlltbRWXt/Y3Nq2d3ZbKkokJk0csUh2AqQIo4I0NdWMdGJJEA8YaQejy0m9/UCkopG40+OYeBwNBA0pRtpYvr3fuk97kkMShpmf0/VN5tsVp+rkgvPgFlABhRq+/dXrRzjhRGjMkFJd14m1lyKpKWYkK/cSRWKER2hAugYF4kR5aX59Bo+M04dhJM0TGubu74kUcaXGPDCdHOmhmq1NzP9q3USH515KRZxoIvB0UZgwqCM4iQL2qSRYs7EBhCU1t0I8RBJhbQIrmxDc2S/PQ6tWdU+qtdvTSv2iiKMEDsAhOAYuOAN1cAUaoAkweATP4BW8WU/Wi/VufUxbF6xiZg/8kfX5AxcMlPw=</latexit>

=
Imaginary part 

from inelastic channels
HQSS:

p

☛ If ⌃(⇤)
c D̄(⇤) ! ⇤cD̄

(⇤)
<latexit sha1_base64="3I2bRi7BGdVnJlMrdt9LS6iASLg=">AAACIHicbVC7TsMwFHXKq5RXgJHFokIqDFVSkMpYAQMDQxH0ITUhchynteo8ZDtIVZRPYeFXWBhACDb4Gtw2A205kqXjc+699j1uzKiQhvGtFZaWV1bXiuuljc2t7R19d68tooRj0sIRi3jXRYIwGpKWpJKRbswJClxGOu7wcux3HgkXNArv5SgmdoD6IfUpRlJJjl5PrTvaD5CDH9LKyXEGLRdxeDW9WDKC1o0a5il/xskcvWxUjQngIjFzUgY5mo7+ZXkRTgISSsyQED3TiKWdIi4pZiQrWYkgMcJD1Cc9RUMUEGGnkwUzeKQUD/oRVyeUcKL+7UhRIMQocFVlgORAzHtj8T+vl0j/3E5pGCeShHj6kJ8wqBYfpwU9ygmWbKQIwpyqv0I8QBxhqTItqRDM+ZUXSbtWNU+rtduzcuMij6MIDsAhqAAT1EEDXIMmaAEMnsALeAPv2rP2qn1on9PSgpb37IMZaD+/WSShNw==</latexit>

are included, one more S-S and one S-D LECs plus OPE
M. Du et al. arXiv:  2102.07159   (2021)



Formalism: production and inelastic channels

— via couplings to elastic channels 
— No direct inelastic transitions 

Uel =

Uinel =

+
D̄(⇤)

<latexit sha1_base64="P+tvXZ0fGR19KHOKAeYDnxb57hc="></latexit>

⌃(⇤)
c

<latexit sha1_base64="9DcRRFSmzDacumzEBqxxdpWJlhs="></latexit>⇤b
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<latexit sha1_base64="P+tvXZ0fGR19KHOKAeYDnxb57hc="></latexit>
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c

<latexit sha1_base64="p4thU3fXFNxjVcqS9ax29yC/QNQ="></latexit>

D̄(⇤)
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(⇤)
<latexit sha1_base64="uoBy9GHVXyZWsp79fjPZRyyqLvo="></latexit>

⌘c p
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FIG. 4. Diagrams contributing to the ⌥(10860) ! �B(⇤)B̄(⇤)

decay amplitude: diagrams (a), (b1) and (b2) (in the first
line) form a gauge invariant subset of tree level contribu-
tions, while diagrams (c1), (c2), (d) and (e) correspond to a
gauge invariant subset of contributions at the one-loop level.
The vertex in diagrams (a) and (d) comes from gauging the
⌥(10860) ! B(⇤)B̄(⇤) vertex; the photon vertices in (b1),
(b2), (c1) and (c2) are from gauging the kinetic terms of the
heavy mesons. The diagram (d) is needed to account for
gauging the regulator used in the loops and for a nonpoint-
like character of the amplitude in the final state.

TABLE II. Ratios of the coupling constants, �(J++)
↵ , respon-

sible for the production of the WbJ states in the radiative
decays ⌥(10860) ! �WbJ .

BB̄(1S0) B⇤B̄⇤(1S0) BB̄⇤(3S1,+) B⇤B̄⇤(5S2)

1 1/
p
3 2

p
20/3

(a coupled-channel version of this relation is provided in
Ref. [? ]). In the heavy quark limit the functions A
and B do not depend on the channel. Moreover, since
the momentum dependence of the functions A(p↵) and
B↵(p↵) is controlled by the left-hand cuts of the produc-
tion operator and the scattering amplitude, respectively,
we expect that near thresholds both are well approxi-
mated by constants, which are also independent of the
channel in the heavy quark limit. Based on this one can
predict the ratios of the partial widths for di↵erent de-
cay channels of the WbJ ’s, up to spin symmetry violating
corrections.

It is proposed in Ref. [? ] that the most prominent
production mechanism for the Zb states in the ⌥(10860)
and ⌥(11020) decays involves B0

1B̄ or B0B̄ intermediate

states, with B0 and B0
1 being the broad members of the

quadruplet of the positive P -parity B mesons. If this
proposal is correct, the decay mechanism through the
B(⇤)B̄(⇤) pairs considered above will give only a small
contribution. However, it should be stressed that the
mechanism proposed in Ref. [? ] should not change the
line shapes but only the total rate of the production cross
sections, which is not a subject of the current study.

B. Coupled-channel system

The set of the allowed quantum numbers for the
B(⇤)B̄(⇤) system is encoded in the basis vectors quoted
in Eq. (??). Inclusion of the OPE interaction enables
transitions to the D and even G waves [? ].

For a given set JPC the system of the partial-wave-
decomposed coupled-channel Lippmann-Schwinger-type
equations reads

T↵� = V e↵
↵� �

X

�

ˆ
d3q

(2⇡)3
V e↵
↵� G�T��

T↵�(M, p, p0) = V e↵
↵� (p, p0) (62)

�
X

�

ˆ
d3q

(2⇡)3
V e↵
↵� (p, q)G�(M, q)T��(M, q, p0),

where ↵, �, and � label the basis vectors defined in
Eq. (??), the e↵ective potential is defined by Eq. (??),
and the scattering amplitude T↵� is related with the in-
variant amplitude M↵� as

T↵� = � M↵�
p

(2m1,↵)(2m2,↵)(2m1,�)(2m2,�)
, (63)

with m1,↵ and m2,↵ (m1,� and m2,�) being the masses
of the B(⇤) mesons in the channel ↵ (�). The two-body
propagator for the given set JPC takes the form

G� =
�

q2/(2µ�) + m1,� + m2,� � M � i✏
��1

, (64)

where the reduced mass is

µ� =
m1,�m2,�

m1,� + m2,�
. (65)

It is convenient to define the energy Ei relative to a par-
ticular threshold, namely,

M = 2m + E1 ⌘ m + m⇤ + E2 ⌘ 2m⇤ + E3. (66)

Finally, to render the loop integrals well defined we
introduce a sharp ultraviolet cuto↵ ⇤ which needs to
be larger than all typical three-momenta related to the
coupled-channel dynamics. For the results presented be-
low we choose ⇤ = 1 GeV but we also address the prob-
lem of the renormalisability of the resulting EFT and es-
timate and discuss the theoretical uncertainty from the
cuto↵ variation.

— Weak production ⇤0
b ! K ⌃(⇤)D(⇤)

<latexit sha1_base64="5M1bsKki/xvfrKL5J650O4u08EI="></latexit>
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pion relativistically and employ the relativistic mass-energy relations for ⌃(⇤)
c , D̄(⇤) and ⇤c. To be

consistent, we employ the LSEs with relativistic Green functions. The T -matrix for ⌃(⇤)
c D̄(⇤) !

⌃(⇤)
c D̄(⇤) scattering is given by the LSE,

T J
↵�(E, p, p0) = V J

↵�(E, p, p0)�
X

�

ˆ
d3q

(2⇡)3
V J
↵�(E, p, q)G�(E, q)T J

��(E, q, p0), (29)

where the two-body propagator reads [81]

G�(E, q) =
m

⌃
(⇤)
c
mD(⇤)

E
⌃

(⇤)
c
(q)ED(⇤)(q)

1

E
⌃

(⇤)
c
(q) + ED(⇤)(q)� E � ⌃̃R(s,m⌃

(⇤)
c
)/(2E

⌃
(⇤)
c
(q))

, (30)

G�(E, q) =
m

⌃
(⇤)
c
mD(⇤)

E
⌃

(⇤)
c
(q)ED(⇤)(q)

1

E
⌃

(⇤)
c
(q) + ED(⇤)(q)� E � ⌃̃R(s)

2E
⌃

(⇤)
c
(q)

, (31)

with

s =
�
E � ED(⇤)(q)

�2 � q2 (32)

for the o↵-shell ⌃(⇤)
c resonance and ⌃̃R(s,m⌃

(⇤)
c
) the renormalized self-energy loop diagram with

Ei =
q
q2 +m2

i . The self-energy function ⌃̃R(s,m⌃
(⇤)
c
) can be evaluated from the diagram in

Fig. 3, since the width of the ⌃(⇤)
c is almost saturated by the two-body decay into the ⇤c⇡ [64].

For simplicity, here we use a more pragmatic way and consider only the unitarity-driven part of

the loop diagram, which generates a relevant three-body cut from the ⇤cD̄⇡ threshold. We expect

that the principal value part of the loop can be largely absorbed into renormalization of the ⌃(⇤)
c

mass. Therefore, the self-energy function reduces to

⌃̃R(s,m⌃
(⇤)
c
) = ig2

p3p
s
, (33)

where p = �1/2(s,m2
⇤c
,m2

⇡)/2
p
s with Källén function �(a, b, c) = a2+ b2+ c2�2ab�2bc�2ca and

g is set to reproduce the physical width of the ⌃(⇤)
c , i.e., ⌃̃R(m2

⌃
(⇤)
c
,m

⌃
(⇤)
c
) = im

⌃
(⇤)
c
�
⌃

(⇤)
c
. The e↵ect

of the D̄⇤ width can be safely neglected as it is only several tens of keV, i.e., it is three orders of

magnitude smaller than that of the ⌃(⇤)
c . The widths of the D̄ and ⇤c are even smaller than that of

D̄⇤ since both states decay only via the weak interaction, and thus are also negligible. Neglecting

the energy-dependence of the self-energy, i.e., employing ⌃̃R(s,m⌃
(⇤)
c
) = im

⌃
(⇤)
c
�
⌃

(⇤)
c

in the LSEs,

the two-body propagator Eq. (31) reduces to the form used in Ref. [40] in the nonrelativistic limit.

— Dynamical widths of Σc
(*)
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⌃(⇤)
c

⇤c

⇡

⌃(⇤)
c

FIG. 3. Loop diagrams of the self-energy for ⌃(⇤)
c .

To describe the J/ p mass distribution, we work in terms of the production amplitudes rather

than the scattering amplitudes. The LSE for the physical production amplitude of the ↵th elastic

channel U↵(E, p)J reads

UJ
↵ (E, p)=P J

↵�
X

�

ˆ
d3q

(2⇡)3
V J
↵�(E, p, q)G�(E, q)UJ

� (E, q), (34)

where P↵ denotes the bare production vertices in Eq. (15). Note that we only include the S-wave

⌃(⇤)
c D̄(⇤) production source in LSE, while the sources from the other channels are neglected, as

discussed above. The source corresponding to production of the D-wave ⌃(⇤)
c D̄(⇤) is also neglected

due to the centrifugal barrier as discussed above. As a result of these simplifying assumptions, the

production amplitude, U (0)J
i , for the ith J/ p (⌘cp) inelastic channel is simply given by

U (0)J
i (E, k)=�

X

�

ˆ
d3q

(2⇡)3
V(0)J
i� (k)G�(E, q)UJ

� (E, q). (35)

To render the integrals in the LSEs well defined one needs to introduce a regulator, with a cuto↵

larger than all typical three-momenta scales related to coupled-channel dynamics. In what follows,

we will discuss the results obtained for a hard cuto↵ ⇤ set to 1 GeV for the pure contact potentials,

namely scheme I, and to 1.3 GeV for the case including OPE potentials, i.e., schemes II and III,

as discussed below. However, we have checked that the final results barely depend on the cuto↵

value, when ⇤ is varied from 0.7 GeV to 1.5 GeV for the contact scheme, and from 1.0 to 1.5 GeV

for the schemes including OPE potentials, once the mentioned S-D counter terms are included.

IV. FIT RESULTS

With the decay amplitude from Eq. (35), we are in a position to fit the J/ p invariant mass

distribution of the decay ⇤0
b ! J/ pK� by LHCb [17]. The possible contributions from misiden-

generates D̄⇤c⇡
<latexit sha1_base64="bRl7dB8X8LA0q/9aM5YPoJS4UtU="></latexit>

cut 

Green function:
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Scheme I: Contact

LHCb: cosθPc-weighted

Solution A: χ2/dof = 1.00

Solution B: χ2/dof = 1.03
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) Scheme I: Contact
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Scheme I: Contact

LHCb: mKp all

Solution A: χ2/dof = 0.93

Solution B: χ2/dof = 0.97
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FIG. 4. The best fits to the di↵erent experimental data [17] for both solution A (blue dashed curves) and
solution B (red solid curves) of scheme I. The corresponding backgrounds are shown as red-dotted and
blue-dotted curves, respectively. The vertical dashed lines from left to right are the ⌃cD̄, ⌃⇤

cD̄, ⌃cD̄⇤, and
⌃⇤

cD̄
⇤ thresholds, respectively.

by HQSS, as discussed in Sec. II A. In addition, a relativistic form of the two-body propagator

Eq. (30) and the energy-dependence of the width for the ⌃(⇤)
c , Eq. (32), are employed in this work.

As the first step, we do not consider coupled-channel e↵ects from the ⇤cD̄(⇤) channels, i.e., for

the fits discussed here we set both C 0

1
2

and C 00

1
2

to zero. From now on we further assume that the

widths of the Pc states are saturated by the channels included — in this subsection those are J/ p,

⌘cp, and the elastic channels (including those via the decays of the ⌃(⇤)
c ). Therefore, no additional

imaginary contact potentials as in Ref. [40] need to be introduced and unitarity is realized.

Three data sets of the mJ/ p distribution given in Ref. [17] are used in fits. The mJ/ p distri-

bution with mKp > 1.9 GeV can e↵ectively remove over 80% of the ⇤⇤ contributions and the Pc

signals are enhanced in the mJ/ p distribution by applying cos ✓Pc-dependent weights to each event

candidate, with ✓Pc the angle between the K� and the J/ in the Pc rest frame [17]. In analogy

to what was reported in Ref. [40], also with our modified model, two solutions, called A and B,

describing the data almost equally well are found as shown in Fig. 4.

“Contact” Fits to three sets of LHCb data

⇒   Consistent values for the Pc’s poles from all fits



☛ Pc(4312), Pc(4440), Pc(4457) are well 
understood as ΣcD, ΣcD

∗  and ΣcD
∗  

quasi-bound states, respectively

☛ Σc
∗D∗ states are not seen yet, their 
production rate is suppressed

Du et al.  PRL 124, 072001 (2020) 
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Scheme I: Contact

LHCb: mKp>1.9 GeV

Solution A: χ2/dof = 0.91

Solution B: χ2/dof = 0.91
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FIG. 4. The best fits to the di↵erent experimental data [17] for both solution A (blue dashed curves) and
solution B (red solid curves) of scheme I. The corresponding backgrounds are shown as red-dotted and
blue-dotted curves, respectively. The vertical dashed lines from left to right are the ⌃cD̄, ⌃⇤

cD̄, ⌃cD̄⇤, and
⌃⇤

cD̄
⇤ thresholds, respectively.

by HQSS, as discussed in Sec. II A. In addition, a relativistic form of the two-body propagator

Eq. (30) and the energy-dependence of the width for the ⌃(⇤)
c , Eq. (32), are employed in this work.

As the first step, we do not consider coupled-channel e↵ects from the ⇤cD̄(⇤) channels, i.e., for

the fits discussed here we set both C 0

1
2

and C 00

1
2

to zero. From now on we further assume that the

widths of the Pc states are saturated by the channels included — in this subsection those are J/ p,

⌘cp, and the elastic channels (including those via the decays of the ⌃(⇤)
c ). Therefore, no additional

imaginary contact potentials as in Ref. [40] need to be introduced and unitarity is realized.

Three data sets of the mJ/ p distribution given in Ref. [17] are used in fits. The mJ/ p distri-

bution with mKp > 1.9 GeV can e↵ectively remove over 80% of the ⇤⇤ contributions and the Pc

signals are enhanced in the mJ/ p distribution by applying cos ✓Pc-dependent weights to each event

candidate, with ✓Pc the angle between the K� and the J/ in the Pc rest frame [17]. In analogy

to what was reported in Ref. [40], also with our modified model, two solutions, called A and B,

describing the data almost equally well are found as shown in Fig. 4.

ΣcD Σc*D ΣcD* Σc*D*
Line shape and Pc poles
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solution A solution B

thr. ([MeV]) JP Pole [MeV] JP Pole [MeV]

Pc(4312) ⌃cD̄ (4321.6) 1
2

�

4314(1)� 4(1)i 1
2

�

4312(2)� 4(2)i

Pc(4380) ⌃⇤

cD̄ (4386.2) 3
2

�

4377(1)� 7(1)i 3
2

�

4375(2)� 6(1)i

Pc(4440) ⌃cD̄⇤ (4462.1) 1
2
�

4440(1)� 9(2)i 3
2
�

4441(3)� 5(2)i

Pc(4457) ⌃cD̄⇤ (4462.1) 3
2
�

4458(2)� 3(1)i 1
2
�

4462(4)� 5(3)i

Pc ⌃⇤

cD̄
⇤ (4526.7) 1

2

�

4498(2)� 9(3)i 1
2

�

4526(3)� 9(2)i

Pc ⌃⇤

cD̄
⇤ (4526.7) 3

2

�

4510(2)� 14(3)i 3
2

�

4521(2)� 12(3)i

Pc ⌃⇤

cD̄
⇤ (4526.7) 5

2

�

4525(2)� 9(3)i 5
2

�

4501(3)� 6(4)i

solution A solution B

thr. ([MeV]) JP Pole [MeV] JP Pole [MeV]

Pc(4312) ⌃cD̄ (4321.6) 1
2

�

4314(1)� 4(1)i 1
2

�

4312(2)� 4(2)i

Pc(4380) ⌃⇤

cD̄ (4386.2) 3
2

�

4377(1)� 7(1)i 3
2

�

4375(2)� 6(1)i

Pc(4440) ⌃cD̄⇤ (4462.1) 1
2
�

4440(1)� 9(2)i 3
2
�

4441(3)� 5(2)i

Pc(4457) ⌃cD̄⇤ (4462.1) 3
2
�

4458(2)� 3(1)i 1
2
�

4462(4)� 5(3)i

Pc ⌃⇤

cD̄
⇤ (4526.7) 1

2

�

4498(2)� 9(3)i 1
2

�

4526(3)� 9(2)i

Pc ⌃⇤

cD̄
⇤ (4526.7) 3

2

�

4510(2)� 14(3)i 3
2

�

4521(2)� 12(3)i

Pc ⌃⇤

cD̄
⇤ (4526.7) 5

2

�

4525(2)� 9(3)i 5
2

�

4501(3)� 6(4)i

elastic thresholds is marginal. For this four-elastic-channel case, there are 24 = 16 Riemann sheets

in total. However, only 5 of them are of interest because they can be reached from the physical

region by crossing the unitary branch cut from E+ i✏ to E� i✏ between the (n� 1)th and the nth

threshold. As a result, the poles located on these Riemann sheets have more significant impact

physical observables than those on the more remote sheets.3 We use the sign of the imaginary part

solution A solution B

DC ([MeV]) JP Pole [MeV] gDC JP Pole [MeV] gDC

Pc(4312) ⌃cD̄ (4321.6) 1
2

�

4314(1)� 4(1)i 2.6(1) + 0.4(2)i 1
2

�

4312(2)� 4(2)i 2.9(1) + 0.4(2)i

Pc(4380) ⌃⇤

cD̄ (4386.2) 3
2

�

4377(1)� 7(1)i 2.8(1) + 0.1(1)i 3
2

�

4375(2)� 6(1)i 3.0(1) + 0.1(1)i

Pc(4440) ⌃cD̄⇤ (4462.1) 1
2

�

4440(1)� 9(2)i 3.7(2) + 0.6(1)i 3
2

�

4441(3)� 5(2)i 3.6(1) + 0.3(1)i

Pc(4457) ⌃cD̄⇤ (4462.1) 3
2

�

4458(2)� 3(1)i 2.1(2) + 0.3(1)i 1
2

�

4462(4)� 5(3)i 2.0(2) + 1.2(3)i

Pc ⌃⇤

cD̄
⇤ (4526.7) 1

2

�

4498(2)� 9(3)i 4.0(1) + 0.4(2)i 1
2

�

4526(3)� 9(2)i 1.5(2) + 1.1(4)i

Pc ⌃⇤

cD̄
⇤ (4526.7) 3

2

�

4510(2)� 14(3)i 3.3(2) + 0.6(2)i 3
2

�

4521(2)� 12(3)i 2.5(2) + 0.9(2)i

Pc ⌃⇤

cD̄
⇤ (4526.7) 5

2

�

4525(2)� 9(3)i 1.9(2) + 0.6(7)i 5
2

�

4501(3)� 6(4)i 3.9(2) + 0.1(2)i

3 This statement is not necessarily applicable to resonances which manifest as strong cusp e↵ects, such as those that
correspond to poles in the Riemann sheet reached by crossing the real-s axis right above the previous threshold,
but having a mass above the next one. This is not the case found for the Pc states here discussed.

Poles and quantum numbers:

and arXiv:2102.07159

☛ Two fits with equal $2 yield:

Fit A:   1/2-            3/2-

Fit B:   3/2-           1/2-

Pc(4440) Pc(4457)

☛ A narrow Pc(4380) state predicted as 
a Σc

∗D   3/2- molecule is seen in data
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Scheme I: Contact

LHCb: mKp>1.9 GeV

Solution A: χ2/dof = 0.91

Solution B: χ2/dof = 0.91
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FIG. 4. The best fits to the di↵erent experimental data [17] for both solution A (blue dashed curves) and
solution B (red solid curves) of scheme I. The corresponding backgrounds are shown as red-dotted and
blue-dotted curves, respectively. The vertical dashed lines from left to right are the ⌃cD̄, ⌃⇤

cD̄, ⌃cD̄⇤, and
⌃⇤

cD̄
⇤ thresholds, respectively.

by HQSS, as discussed in Sec. II A. In addition, a relativistic form of the two-body propagator

Eq. (30) and the energy-dependence of the width for the ⌃(⇤)
c , Eq. (32), are employed in this work.

As the first step, we do not consider coupled-channel e↵ects from the ⇤cD̄(⇤) channels, i.e., for

the fits discussed here we set both C 0

1
2

and C 00

1
2

to zero. From now on we further assume that the

widths of the Pc states are saturated by the channels included — in this subsection those are J/ p,

⌘cp, and the elastic channels (including those via the decays of the ⌃(⇤)
c ). Therefore, no additional

imaginary contact potentials as in Ref. [40] need to be introduced and unitarity is realized.

Three data sets of the mJ/ p distribution given in Ref. [17] are used in fits. The mJ/ p distri-

bution with mKp > 1.9 GeV can e↵ectively remove over 80% of the ⇤⇤ contributions and the Pc

signals are enhanced in the mJ/ p distribution by applying cos ✓Pc-dependent weights to each event

candidate, with ✓Pc the angle between the K� and the J/ in the Pc rest frame [17]. In analogy

to what was reported in Ref. [40], also with our modified model, two solutions, called A and B,

describing the data almost equally well are found as shown in Fig. 4.
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cD̄, ⌃cD̄⇤, and
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cD̄
⇤ thresholds, respectively.

by HQSS, as discussed in Sec. II A. In addition, a relativistic form of the two-body propagator

Eq. (30) and the energy-dependence of the width for the ⌃(⇤)
c , Eq. (32), are employed in this work.

As the first step, we do not consider coupled-channel e↵ects from the ⇤cD̄(⇤) channels, i.e., for

the fits discussed here we set both C 0

1
2

and C 00

1
2

to zero. From now on we further assume that the

widths of the Pc states are saturated by the channels included — in this subsection those are J/ p,

⌘cp, and the elastic channels (including those via the decays of the ⌃(⇤)
c ). Therefore, no additional

imaginary contact potentials as in Ref. [40] need to be introduced and unitarity is realized.

Three data sets of the mJ/ p distribution given in Ref. [17] are used in fits. The mJ/ p distri-

bution with mKp > 1.9 GeV can e↵ectively remove over 80% of the ⇤⇤ contributions and the Pc

signals are enhanced in the mJ/ p distribution by applying cos ✓Pc-dependent weights to each event

candidate, with ✓Pc the angle between the K� and the J/ in the Pc rest frame [17]. In analogy

to what was reported in Ref. [40], also with our modified model, two solutions, called A and B,

describing the data almost equally well are found as shown in Fig. 4.
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FIG. 5. Predictions for the line shapes of ⌃cD̄ (blue dashed curves), ⌃⇤
cD̄ (orange dotted curves), ⌃cD̄⇤

(green dot-dashed curves), and ⌃⇤
cD̄

⇤ (red solid curves) mass distributions based on the fit results in Fig. 4
for solutions A and B of scheme I without the ⇤cD̄(⇤) channels.

B. Scheme II: Including the OPE potential

The importance of the OPE potential is well known for the nucleon interaction as its tensor force

leads to the mixing between the S andD waves and can leave a significant impact on the line shapes.

In this section, we investigate the role of the OPE for the elastic channels without considering the

⇤cD̄(⇤) channels under the assumption that the widths of the Pc states are saturated by the J/ p,

⌘cp and elastic channels. We also note that the inclusion of the OPE potential does not involve

  ⇒ data in these channels will clearly distinguish between the two fits

24

Scheme I

Solution A: ηcp

���� ���� ���� ���� ���� ����
�

��

���

���

���

���

�η� � [���]

�
��
��
��
��
�

FIG. 6. Predictions for the line shapes of the ⌘cp invariant mass distributions based on the fit results in
Fig. 4 for solutions A and B of scheme I without the ⇤cD̄(⇤) channels. The blue dotted, orange dashed and
green dot-dashed curves correspond to the predictions from the three fit results (cos ✓Pc -weighted, mKp > 1.9
GeV and mKp-all) of Fig. 4, in order.

any additional parameters, see Sec. II B for the discussion of the coupling constants used, however,

it calls for the inclusion of the S-D counter terms that come with unknown strengths.

1. How to renormalize the OPE and the role of S-D transitions

FIG. 7. Left panel: Best fit results for di↵erent cuto↵s ⇤ using a potential of scheme I plus OPE in the
elastic channels. Only solution B exists in this case. The background is shown as the orange dot-dashed
curve. Right panel: Predictions for the line shapes of the ⌃cD̄ (blue), ⌃⇤

cD̄ (orange), ⌃cD̄⇤ (green), and
⌃⇤

cD̄
⇤ (red) mass distributions.

As noticed in Refs. [65, 66], because of the large mass of the heavy system and the large splittings

between the thresholds treated dynamically, the typical involved momenta are much larger than

those for low-energy two–nucleon scattering, e.g., in the deuteron. In our case, the typical momenta

ptyp ⇠
p
2µ�, with � and µ the largest threshold splitting and the reduced mass of the system, are
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FIG. 5. Predictions for the line shapes of ⌃cD̄ (blue dashed curves), ⌃⇤
cD̄ (orange dotted curves), ⌃cD̄⇤

(green dot-dashed curves), and ⌃⇤
cD̄

⇤ (red solid curves) mass distributions based on the fit results in Fig. 4
for solutions A and B of scheme I without the ⇤cD̄(⇤) channels.

B. Scheme II: Including the OPE potential

The importance of the OPE potential is well known for the nucleon interaction as its tensor force

leads to the mixing between the S andD waves and can leave a significant impact on the line shapes.

In this section, we investigate the role of the OPE for the elastic channels without considering the

⇤cD̄(⇤) channels under the assumption that the widths of the Pc states are saturated by the J/ p,

⌘cp and elastic channels. We also note that the inclusion of the OPE potential does not involve
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Fig. 4 for solutions A and B of scheme I without the ⇤cD̄(⇤) channels. The blue dotted, orange dashed and
green dot-dashed curves correspond to the predictions from the three fit results (cos ✓Pc -weighted, mKp > 1.9
GeV and mKp-all) of Fig. 4, in order.

any additional parameters, see Sec. II B for the discussion of the coupling constants used, however,

it calls for the inclusion of the S-D counter terms that come with unknown strengths.

1. How to renormalize the OPE and the role of S-D transitions

FIG. 7. Left panel: Best fit results for di↵erent cuto↵s ⇤ using a potential of scheme I plus OPE in the
elastic channels. Only solution B exists in this case. The background is shown as the orange dot-dashed
curve. Right panel: Predictions for the line shapes of the ⌃cD̄ (blue), ⌃⇤

cD̄ (orange), ⌃cD̄⇤ (green), and
⌃⇤

cD̄
⇤ (red) mass distributions.

As noticed in Refs. [65, 66], because of the large mass of the heavy system and the large splittings

between the thresholds treated dynamically, the typical involved momenta are much larger than

those for low-energy two–nucleon scattering, e.g., in the deuteron. In our case, the typical momenta

ptyp ⇠
p
2µ�, with � and µ the largest threshold splitting and the reduced mass of the system, are
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FIG. 8. First row: Best fit results for solutions A (left) and B (right) for di↵erent cuto↵s ⇤ using a potential
of scheme II. The background is shown as red-dotted curve. Second row: Predictions for the line shapes of
⌃cD̄ (blue), ⌃⇤

cD̄ (orange), ⌃cD̄⇤ (green), and ⌃⇤
cD̄

⇤ (red) mass distributions. Third row: Predictions for
the line shapes for the ⌘cp mass distributions.

c-quark mass, mc ' 1.5 GeV, may introduce additional HQSS breaking e↵ects.

2. Description of the data in ⇤0
b ! J/ pK�

In Ref. [40], it was found that the inclusion of the OPE singles out a unique solution from the

two almost equivalent ones present for the pure contact potentials. However, no e↵ects from the

S-D contact terms were taken into account. As long as the OPE is renormalized along the lines

discussed in the previous paragraph, one again arrives at two solutions, which describe the data

24

FIG. 6. Predictions for the line shapes of the ⌘cp invariant mass distributions based on the fit results in
Fig. 4 for solutions A and B of scheme I without the ⇤cD̄(⇤) channels. The blue dotted, orange dashed and
green dot-dashed curves correspond to the predictions from the three fit results (cos ✓Pc -weighted, mKp > 1.9
GeV and mKp-all) of Fig. 4, in order.

any additional parameters, see Sec. II B for the discussion of the coupling constants used, however,

it calls for the inclusion of the S-D counter terms that come with unknown strengths.

1. How to renormalize the OPE and the role of S-D transitions
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FIG. 7. Left panel: Best fit results for di↵erent cuto↵s ⇤ using a potential of scheme I plus OPE in the
elastic channels. Only solution B exists in this case. The background is shown as the orange dot-dashed
curve. Right panel: Predictions for the line shapes of the ⌃cD̄ (blue), ⌃⇤

cD̄ (orange), ⌃cD̄⇤ (green), and
⌃⇤

cD̄
⇤ (red) mass distributions.

As noticed in Refs. [65, 66], because of the large mass of the heavy system and the large splittings

between the thresholds treated dynamically, the typical involved momenta are much larger than

those for low-energy two–nucleon scattering, e.g., in the deuteron. In our case, the typical momenta

ptyp ⇠
p
2µ�, with � and µ the largest threshold splitting and the reduced mass of the system, are
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it calls for the inclusion of the S-D counter terms that come with unknown strengths.
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FIG. 7. Left panel: Best fit results for di↵erent cuto↵s ⇤ using a potential of scheme I plus OPE in the
elastic channels. Only solution B exists in this case. The background is shown as the orange dot-dashed
curve. Right panel: Predictions for the line shapes of the ⌃cD̄ (blue), ⌃⇤

cD̄ (orange), ⌃cD̄⇤ (green), and
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⇤ (red) mass distributions.

As noticed in Refs. [65, 66], because of the large mass of the heavy system and the large splittings

between the thresholds treated dynamically, the typical involved momenta are much larger than

those for low-energy two–nucleon scattering, e.g., in the deuteron. In our case, the typical momenta

ptyp ⇠
p
2µ�, with � and µ the largest threshold splitting and the reduced mass of the system, are
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FIG. 8. First row: Best fit results for solutions A (left) and B (right) for di↵erent cuto↵s ⇤ using a potential
of scheme II. The background is shown as red-dotted curve. Second row: Predictions for the line shapes of
⌃cD̄ (blue), ⌃⇤

cD̄ (orange), ⌃cD̄⇤ (green), and ⌃⇤
cD̄

⇤ (red) mass distributions. Third row: Predictions for
the line shapes for the ⌘cp mass distributions.

c-quark mass, mc ' 1.5 GeV, may introduce additional HQSS breaking e↵ects.

2. Description of the data in ⇤0
b ! J/ pK�

In Ref. [40], it was found that the inclusion of the OPE singles out a unique solution from the

two almost equivalent ones present for the pure contact potentials. However, no e↵ects from the

S-D contact terms were taken into account. As long as the OPE is renormalized along the lines

discussed in the previous paragraph, one again arrives at two solutions, which describe the data
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green dot-dashed curves correspond to the predictions from the three fit results (cos ✓Pc -weighted, mKp > 1.9
GeV and mKp-all) of Fig. 4, in order.
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FIG. 7. Left panel: Best fit results for di↵erent cuto↵s ⇤ using a potential of scheme I plus OPE in the
elastic channels. Only solution B exists in this case. The background is shown as the orange dot-dashed
curve. Right panel: Predictions for the line shapes of the ⌃cD̄ (blue), ⌃⇤

cD̄ (orange), ⌃cD̄⇤ (green), and
⌃⇤

cD̄
⇤ (red) mass distributions.

As noticed in Refs. [65, 66], because of the large mass of the heavy system and the large splittings

between the thresholds treated dynamically, the typical involved momenta are much larger than

those for low-energy two–nucleon scattering, e.g., in the deuteron. In our case, the typical momenta

ptyp ⇠
p
2µ�, with � and µ the largest threshold splitting and the reduced mass of the system, are
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FIG. 8. First row: Best fit results for solutions A (left) and B (right) for di↵erent cuto↵s ⇤ using a potential
of scheme II. The background is shown as red-dotted curve. Second row: Predictions for the line shapes of
⌃cD̄ (blue), ⌃⇤

cD̄ (orange), ⌃cD̄⇤ (green), and ⌃⇤
cD̄

⇤ (red) mass distributions. Third row: Predictions for
the line shapes for the ⌘cp mass distributions.

c-quark mass, mc ' 1.5 GeV, may introduce additional HQSS breaking e↵ects.

2. Description of the data in ⇤0
b ! J/ pK�

In Ref. [40], it was found that the inclusion of the OPE singles out a unique solution from the

two almost equivalent ones present for the pure contact potentials. However, no e↵ects from the

S-D contact terms were taken into account. As long as the OPE is renormalized along the lines

discussed in the previous paragraph, one again arrives at two solutions, which describe the data
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FIG. 6. Predictions for the line shapes of the ⌘cp invariant mass distributions based on the fit results in
Fig. 4 for solutions A and B of scheme I without the ⇤cD̄(⇤) channels. The blue dotted, orange dashed and
green dot-dashed curves correspond to the predictions from the three fit results (cos ✓Pc -weighted, mKp > 1.9
GeV and mKp-all) of Fig. 4, in order.
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FIG. 7. Left panel: Best fit results for di↵erent cuto↵s ⇤ using a potential of scheme I plus OPE in the
elastic channels. Only solution B exists in this case. The background is shown as the orange dot-dashed
curve. Right panel: Predictions for the line shapes of the ⌃cD̄ (blue), ⌃⇤

cD̄ (orange), ⌃cD̄⇤ (green), and
⌃⇤

cD̄
⇤ (red) mass distributions.

As noticed in Refs. [65, 66], because of the large mass of the heavy system and the large splittings

between the thresholds treated dynamically, the typical involved momenta are much larger than

those for low-energy two–nucleon scattering, e.g., in the deuteron. In our case, the typical momenta

ptyp ⇠
p
2µ�, with � and µ the largest threshold splitting and the reduced mass of the system, are
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it calls for the inclusion of the S-D counter terms that come with unknown strengths.
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FIG. 7. Left panel: Best fit results for di↵erent cuto↵s ⇤ using a potential of scheme I plus OPE in the
elastic channels. Only solution B exists in this case. The background is shown as the orange dot-dashed
curve. Right panel: Predictions for the line shapes of the ⌃cD̄ (blue), ⌃⇤

cD̄ (orange), ⌃cD̄⇤ (green), and
⌃⇤

cD̄
⇤ (red) mass distributions.

As noticed in Refs. [65, 66], because of the large mass of the heavy system and the large splittings

between the thresholds treated dynamically, the typical involved momenta are much larger than

those for low-energy two–nucleon scattering, e.g., in the deuteron. In our case, the typical momenta

ptyp ⇠
p
2µ�, with � and µ the largest threshold splitting and the reduced mass of the system, are
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FIG. 8. First row: Best fit results for solutions A (left) and B (right) for di↵erent cuto↵s ⇤ using a potential
of scheme II. The background is shown as red-dotted curve. Second row: Predictions for the line shapes of
⌃cD̄ (blue), ⌃⇤

cD̄ (orange), ⌃cD̄⇤ (green), and ⌃⇤
cD̄

⇤ (red) mass distributions. Third row: Predictions for
the line shapes for the ⌘cp mass distributions.

c-quark mass, mc ' 1.5 GeV, may introduce additional HQSS breaking e↵ects.

2. Description of the data in ⇤0
b ! J/ pK�

In Ref. [40], it was found that the inclusion of the OPE singles out a unique solution from the

two almost equivalent ones present for the pure contact potentials. However, no e↵ects from the

S-D contact terms were taken into account. As long as the OPE is renormalized along the lines

discussed in the previous paragraph, one again arrives at two solutions, which describe the data

S-wave—D-wave
contact term

Large cutoff
   dependence!

Without

With  S-D
contact term

cutoff independent
results!

!  Renormalizability  require S-wave-to-D-wave contact term   to appear together with OPE
!  completely consistent with similar analyses of  Zb(10610)/Zb(10650) PRD 98, 074023 (2018),  

PRD 99, 094013 (2019)
our works:
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FIG. 9. The best fits to the di↵erent experimental data [17] for both solution A (blue dashed curves) and
solution B (red solid curves) of scheme II. The corresponding backgrounds are shown as red-dotted and
blue-dotted curves, respectively. The vertical dashed lines from left to right are the ⌃cD̄, ⌃⇤

cD̄, ⌃cD̄⇤, and
⌃⇤

cD̄
⇤ thresholds, respectively.

almost equally well. This is illustrated in Fig. 9.

A general feature of both schemes I and II is that the source couplings P J
↵ are badly determined,

especially for those of the three ⌃⇤

cD̄
⇤ bound states, which are almost invisible in the line shapes,

as can be seen from Tables IV and V in Appendix B. Also, the couplings to the inelastic channels

have sizeable uncertainties. However, the elastic channel interactions, i.e., C 1
2
and C 3

2
, are well

determined and thus the pole positions and their e↵ective couplings to the dominant channels are

quite stable for di↵erent fits, as shown in Table III. The two solutions lead to poles which are

similar to those in scheme I (see also Refs. [35, 61]). The results are insensitive to the form of the

background. Similar to scheme I, the Pc(4312) couples dominantly to the ⌃cD̄ with JP = 1
2

�

, and

the Pc(4440) and Pc(4457) couple dominantly to the ⌃cD̄⇤ with quantum numbers 1
2

�

and 3
2

�

,

respectively, in solution A, and vice versa in solution B. They are all (quasi-)bound state poles

and should be understood as hadronic molecules of the corresponding dominant channels [7]. In

both schemes, there is a narrow Pc(4380) with JP = 3
2

�

located at around 4.38 GeV as a ⌃⇤

cD̄
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Scheme I: Contact

LHCb: mKp>1.9 GeV

Solution A: χ2/dof = 0.91

Solution B: χ2/dof = 0.91
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FIG. 4. The best fits to the di↵erent experimental data [17] for both solution A (blue dashed curves) and
solution B (red solid curves) of scheme I. The corresponding backgrounds are shown as red-dotted and
blue-dotted curves, respectively. The vertical dashed lines from left to right are the ⌃cD̄, ⌃⇤

cD̄, ⌃cD̄⇤, and
⌃⇤

cD̄
⇤ thresholds, respectively.

by HQSS, as discussed in Sec. II A. In addition, a relativistic form of the two-body propagator

Eq. (30) and the energy-dependence of the width for the ⌃(⇤)
c , Eq. (32), are employed in this work.

As the first step, we do not consider coupled-channel e↵ects from the ⇤cD̄(⇤) channels, i.e., for

the fits discussed here we set both C 0

1
2

and C 00

1
2

to zero. From now on we further assume that the

widths of the Pc states are saturated by the channels included — in this subsection those are J/ p,

⌘cp, and the elastic channels (including those via the decays of the ⌃(⇤)
c ). Therefore, no additional

imaginary contact potentials as in Ref. [40] need to be introduced and unitarity is realized.

Three data sets of the mJ/ p distribution given in Ref. [17] are used in fits. The mJ/ p distri-

bution with mKp > 1.9 GeV can e↵ectively remove over 80% of the ⇤⇤ contributions and the Pc

signals are enhanced in the mJ/ p distribution by applying cos ✓Pc-dependent weights to each event

candidate, with ✓Pc the angle between the K� and the J/ in the Pc rest frame [17]. In analogy

to what was reported in Ref. [40], also with our modified model, two solutions, called A and B,

describing the data almost equally well are found as shown in Fig. 4.
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FIG. 5. Predictions for the line shapes of ⌃cD̄ (blue dashed curves), ⌃⇤
cD̄ (orange dotted curves), ⌃cD̄⇤

(green dot-dashed curves), and ⌃⇤
cD̄

⇤ (red solid curves) mass distributions based on the fit results in Fig. 4
for solutions A and B of scheme I without the ⇤cD̄(⇤) channels.

B. Scheme II: Including the OPE potential

The importance of the OPE potential is well known for the nucleon interaction as its tensor force

leads to the mixing between the S andD waves and can leave a significant impact on the line shapes.

In this section, we investigate the role of the OPE for the elastic channels without considering the

⇤cD̄(⇤) channels under the assumption that the widths of the Pc states are saturated by the J/ p,

⌘cp and elastic channels. We also note that the inclusion of the OPE potential does not involve

!  The inclusion of OPE has a visible impact on the peaks strength
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FIG. 6. Predictions for the line shapes of the ⌘cp invariant mass distributions based on the fit results in
Fig. 4 for solutions A and B of scheme I without the ⇤cD̄(⇤) channels. The blue dotted, orange dashed and
green dot-dashed curves correspond to the predictions from the three fit results (cos ✓Pc -weighted, mKp > 1.9
GeV and mKp-all) of Fig. 4, in order.

any additional parameters, see Sec. II B for the discussion of the coupling constants used, however,

it calls for the inclusion of the S-D counter terms that come with unknown strengths.

1. How to renormalize the OPE and the role of S-D transitions

FIG. 7. Left panel: Best fit results for di↵erent cuto↵s ⇤ using a potential of scheme I plus OPE in the
elastic channels. Only solution B exists in this case. The background is shown as the orange dot-dashed
curve. Right panel: Predictions for the line shapes of the ⌃cD̄ (blue), ⌃⇤

cD̄ (orange), ⌃cD̄⇤ (green), and
⌃⇤

cD̄
⇤ (red) mass distributions.

As noticed in Refs. [65, 66], because of the large mass of the heavy system and the large splittings

between the thresholds treated dynamically, the typical involved momenta are much larger than

those for low-energy two–nucleon scattering, e.g., in the deuteron. In our case, the typical momenta

ptyp ⇠
p
2µ�, with � and µ the largest threshold splitting and the reduced mass of the system, are
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FIG. 10. Predictions for the line shapes of ⌃cD̄ (blue dashed curves), ⌃⇤
cD̄ (orange dotted curves), ⌃cD̄⇤

(green dot-dashed curves), and ⌃⇤
cD̄

⇤ (red solid curves) mass distributions based on the fit results in Fig. 9
for solutions A and B of scheme II.

states reside, implies that the ⇤cD̄(⇤) channels potentially can be even more important than the

distant channels composed of a charmonium and a pion. Unlike other inelastic channels, the

⇤cD̄(⇤) channels can couple to the elastic channels via the OPE in addition to the short-range

operators, which provides further support for their potentially important role. In addition, some

model calculations without the unitarity constraint concluded large branching fractions of the Pc

states decaying into the ⇤cD̄⇤ channel [36, 85]. As discussed above, as the ⌃(⇤)
c states dominantly

decay to ⇤c⇡, the simultaneous inclusion of the ⇤cD̄(⇤) channels and the OPE potential will lead
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!  Qualitatively similar results: the position of peaks is the same
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The effect from renormalised OPE:
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Solution B: χ2/dof = 0.91
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FIG. 9. The best fits to the di↵erent experimental data [17] for both solution A (blue dashed curves) and
solution B (red solid curves) of scheme II. The corresponding backgrounds are shown as red-dotted and
blue-dotted curves, respectively. The vertical dashed lines from left to right are the ⌃cD̄, ⌃⇤

cD̄, ⌃cD̄⇤, and
⌃⇤

cD̄
⇤ thresholds, respectively.

almost equally well. This is illustrated in Fig. 9.

A general feature of both schemes I and II is that the source couplings P J
↵ are badly determined,

especially for those of the three ⌃⇤

cD̄
⇤ bound states, which are almost invisible in the line shapes,

as can be seen from Tables IV and V in Appendix B. Also, the couplings to the inelastic channels

have sizeable uncertainties. However, the elastic channel interactions, i.e., C 1
2
and C 3

2
, are well

determined and thus the pole positions and their e↵ective couplings to the dominant channels are

quite stable for di↵erent fits, as shown in Table III. The two solutions lead to poles which are

similar to those in scheme I (see also Refs. [35, 61]). The results are insensitive to the form of the

background. Similar to scheme I, the Pc(4312) couples dominantly to the ⌃cD̄ with JP = 1
2

�

, and

the Pc(4440) and Pc(4457) couple dominantly to the ⌃cD̄⇤ with quantum numbers 1
2

�

and 3
2

�

,

respectively, in solution A, and vice versa in solution B. They are all (quasi-)bound state poles

and should be understood as hadronic molecules of the corresponding dominant channels [7]. In

both schemes, there is a narrow Pc(4380) with JP = 3
2

�

located at around 4.38 GeV as a ⌃⇤

cD̄
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Scheme I: Contact

LHCb: mKp>1.9 GeV

Solution A: χ2/dof = 0.91

Solution B: χ2/dof = 0.91
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FIG. 4. The best fits to the di↵erent experimental data [17] for both solution A (blue dashed curves) and
solution B (red solid curves) of scheme I. The corresponding backgrounds are shown as red-dotted and
blue-dotted curves, respectively. The vertical dashed lines from left to right are the ⌃cD̄, ⌃⇤

cD̄, ⌃cD̄⇤, and
⌃⇤

cD̄
⇤ thresholds, respectively.

by HQSS, as discussed in Sec. II A. In addition, a relativistic form of the two-body propagator

Eq. (30) and the energy-dependence of the width for the ⌃(⇤)
c , Eq. (32), are employed in this work.

As the first step, we do not consider coupled-channel e↵ects from the ⇤cD̄(⇤) channels, i.e., for

the fits discussed here we set both C 0

1
2

and C 00

1
2

to zero. From now on we further assume that the

widths of the Pc states are saturated by the channels included — in this subsection those are J/ p,

⌘cp, and the elastic channels (including those via the decays of the ⌃(⇤)
c ). Therefore, no additional

imaginary contact potentials as in Ref. [40] need to be introduced and unitarity is realized.

Three data sets of the mJ/ p distribution given in Ref. [17] are used in fits. The mJ/ p distri-

bution with mKp > 1.9 GeV can e↵ectively remove over 80% of the ⇤⇤ contributions and the Pc

signals are enhanced in the mJ/ p distribution by applying cos ✓Pc-dependent weights to each event

candidate, with ✓Pc the angle between the K� and the J/ in the Pc rest frame [17]. In analogy

to what was reported in Ref. [40], also with our modified model, two solutions, called A and B,

describing the data almost equally well are found as shown in Fig. 4.

!  ΣcD: 1/2- Pc(4440) in S-wave in scheme I  vs 3/2- Pc(4457) in D-wave in scheme II
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FIG. 10. Predictions for the line shapes of ⌃cD̄ (blue dashed curves), ⌃⇤
cD̄ (orange dotted curves), ⌃cD̄⇤

(green dot-dashed curves), and ⌃⇤
cD̄

⇤ (red solid curves) mass distributions based on the fit results in Fig. 9
for solutions A and B of scheme II.

states reside, implies that the ⇤cD̄(⇤) channels potentially can be even more important than the

distant channels composed of a charmonium and a pion. Unlike other inelastic channels, the

⇤cD̄(⇤) channels can couple to the elastic channels via the OPE in addition to the short-range

operators, which provides further support for their potentially important role. In addition, some

model calculations without the unitarity constraint concluded large branching fractions of the Pc

states decaying into the ⇤cD̄⇤ channel [36, 85]. As discussed above, as the ⌃(⇤)
c states dominantly

decay to ⇤c⇡, the simultaneous inclusion of the ⇤cD̄(⇤) channels and the OPE potential will lead
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!  Qualitatively different results for ΣcD and !cp in schemes I and  II
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FIG. 5. Predictions for the line shapes of ⌃cD̄ (blue dashed curves), ⌃⇤
cD̄ (orange dotted curves), ⌃cD̄⇤

(green dot-dashed curves), and ⌃⇤
cD̄

⇤ (red solid curves) mass distributions based on the fit results in Fig. 4
for solutions A and B of scheme I without the ⇤cD̄(⇤) channels.

B. Scheme II: Including the OPE potential

The importance of the OPE potential is well known for the nucleon interaction as its tensor force

leads to the mixing between the S andD waves and can leave a significant impact on the line shapes.

In this section, we investigate the role of the OPE for the elastic channels without considering the

⇤cD̄(⇤) channels under the assumption that the widths of the Pc states are saturated by the J/ p,

⌘cp and elastic channels. We also note that the inclusion of the OPE potential does not involve
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FIG. 6. Predictions for the line shapes of the ⌘cp invariant mass distributions based on the fit results in
Fig. 4 for solutions A and B of scheme I without the ⇤cD̄(⇤) channels. The blue dotted, orange dashed and
green dot-dashed curves correspond to the predictions from the three fit results (cos ✓Pc -weighted, mKp > 1.9
GeV and mKp-all) of Fig. 4, in order.

any additional parameters, see Sec. II B for the discussion of the coupling constants used, however,

it calls for the inclusion of the S-D counter terms that come with unknown strengths.

1. How to renormalize the OPE and the role of S-D transitions

FIG. 7. Left panel: Best fit results for di↵erent cuto↵s ⇤ using a potential of scheme I plus OPE in the
elastic channels. Only solution B exists in this case. The background is shown as the orange dot-dashed
curve. Right panel: Predictions for the line shapes of the ⌃cD̄ (blue), ⌃⇤

cD̄ (orange), ⌃cD̄⇤ (green), and
⌃⇤

cD̄
⇤ (red) mass distributions.

As noticed in Refs. [65, 66], because of the large mass of the heavy system and the large splittings

between the thresholds treated dynamically, the typical involved momenta are much larger than

those for low-energy two–nucleon scattering, e.g., in the deuteron. In our case, the typical momenta

ptyp ⇠
p
2µ�, with � and µ the largest threshold splitting and the reduced mass of the system, are
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The effect from renormalised OPE:

mKp > 1.9GeV
<latexit sha1_base64="1TbD/mvCEYBj8MnV6+qSabAmjvA="></latexit>



Predictions for

27

Scheme II

LHCb: mKp>1.9 GeV

Solution A: χ2/dof = 0.90

Solution B: χ2/dof = 0.91

���� ���� ���� ���� ���� ����
��

���

���

���

���

���

��/ψ � [���]

�
��
��
��
�
��
��
��
��
��
/(
�
�
��

)

FIG. 9. The best fits to the di↵erent experimental data [17] for both solution A (blue dashed curves) and
solution B (red solid curves) of scheme II. The corresponding backgrounds are shown as red-dotted and
blue-dotted curves, respectively. The vertical dashed lines from left to right are the ⌃cD̄, ⌃⇤

cD̄, ⌃cD̄⇤, and
⌃⇤

cD̄
⇤ thresholds, respectively.

almost equally well. This is illustrated in Fig. 9.

A general feature of both schemes I and II is that the source couplings P J
↵ are badly determined,

especially for those of the three ⌃⇤

cD̄
⇤ bound states, which are almost invisible in the line shapes,

as can be seen from Tables IV and V in Appendix B. Also, the couplings to the inelastic channels

have sizeable uncertainties. However, the elastic channel interactions, i.e., C 1
2
and C 3

2
, are well

determined and thus the pole positions and their e↵ective couplings to the dominant channels are

quite stable for di↵erent fits, as shown in Table III. The two solutions lead to poles which are

similar to those in scheme I (see also Refs. [35, 61]). The results are insensitive to the form of the

background. Similar to scheme I, the Pc(4312) couples dominantly to the ⌃cD̄ with JP = 1
2

�

, and

the Pc(4440) and Pc(4457) couple dominantly to the ⌃cD̄⇤ with quantum numbers 1
2

�

and 3
2

�

,

respectively, in solution A, and vice versa in solution B. They are all (quasi-)bound state poles

and should be understood as hadronic molecules of the corresponding dominant channels [7]. In

both schemes, there is a narrow Pc(4380) with JP = 3
2

�

located at around 4.38 GeV as a ⌃⇤

cD̄

19

Scheme I: Contact

LHCb: mKp>1.9 GeV

Solution A: χ2/dof = 0.91

Solution B: χ2/dof = 0.91
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FIG. 4. The best fits to the di↵erent experimental data [17] for both solution A (blue dashed curves) and
solution B (red solid curves) of scheme I. The corresponding backgrounds are shown as red-dotted and
blue-dotted curves, respectively. The vertical dashed lines from left to right are the ⌃cD̄, ⌃⇤

cD̄, ⌃cD̄⇤, and
⌃⇤

cD̄
⇤ thresholds, respectively.

by HQSS, as discussed in Sec. II A. In addition, a relativistic form of the two-body propagator

Eq. (30) and the energy-dependence of the width for the ⌃(⇤)
c , Eq. (32), are employed in this work.

As the first step, we do not consider coupled-channel e↵ects from the ⇤cD̄(⇤) channels, i.e., for

the fits discussed here we set both C 0

1
2

and C 00

1
2

to zero. From now on we further assume that the

widths of the Pc states are saturated by the channels included — in this subsection those are J/ p,

⌘cp, and the elastic channels (including those via the decays of the ⌃(⇤)
c ). Therefore, no additional

imaginary contact potentials as in Ref. [40] need to be introduced and unitarity is realized.

Three data sets of the mJ/ p distribution given in Ref. [17] are used in fits. The mJ/ p distri-

bution with mKp > 1.9 GeV can e↵ectively remove over 80% of the ⇤⇤ contributions and the Pc

signals are enhanced in the mJ/ p distribution by applying cos ✓Pc-dependent weights to each event

candidate, with ✓Pc the angle between the K� and the J/ in the Pc rest frame [17]. In analogy

to what was reported in Ref. [40], also with our modified model, two solutions, called A and B,

describing the data almost equally well are found as shown in Fig. 4.

!  ΣcD: 1/2- Pc(4440) in S-wave in scheme I  vs 3/2- Pc(4457) in D-wave in scheme II
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LHCb: mKp>1.9 GeV

Scheme II: A

���� ���� ���� ���� ���� ���� ����
�

���

���

���

���

���

�Σ� (*) �
_ (*) [���]

��
��
��
��
��

FIG. 10. Predictions for the line shapes of ⌃cD̄ (blue dashed curves), ⌃⇤
cD̄ (orange dotted curves), ⌃cD̄⇤

(green dot-dashed curves), and ⌃⇤
cD̄

⇤ (red solid curves) mass distributions based on the fit results in Fig. 9
for solutions A and B of scheme II.

states reside, implies that the ⇤cD̄(⇤) channels potentially can be even more important than the

distant channels composed of a charmonium and a pion. Unlike other inelastic channels, the

⇤cD̄(⇤) channels can couple to the elastic channels via the OPE in addition to the short-range

operators, which provides further support for their potentially important role. In addition, some

model calculations without the unitarity constraint concluded large branching fractions of the Pc

states decaying into the ⇤cD̄⇤ channel [36, 85]. As discussed above, as the ⌃(⇤)
c states dominantly

decay to ⇤c⇡, the simultaneous inclusion of the ⇤cD̄(⇤) channels and the OPE potential will lead

Scheme II

Solution A: ηcp
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scheme I = contact

scheme II = contact +OPE
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⌃⇤
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⇤
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!  Qualitatively different results for ΣcD and !cp in schemes I and  II

mKp > 1.9GeV
<latexit sha1_base64="1TbD/mvCEYBj8MnV6+qSabAmjvA="></latexit>

⇤b ! K⌃(⇤)D(⇤) and ⇤b ! K⌘cp
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with pions

Fit A
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Scheme I

LHCb: mKp>1.9 GeV
Solution: A
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FIG. 5. Predictions for the line shapes of ⌃cD̄ (blue dashed curves), ⌃⇤
cD̄ (orange dotted curves), ⌃cD̄⇤

(green dot-dashed curves), and ⌃⇤
cD̄

⇤ (red solid curves) mass distributions based on the fit results in Fig. 4
for solutions A and B of scheme I without the ⇤cD̄(⇤) channels.

B. Scheme II: Including the OPE potential

The importance of the OPE potential is well known for the nucleon interaction as its tensor force

leads to the mixing between the S andD waves and can leave a significant impact on the line shapes.

In this section, we investigate the role of the OPE for the elastic channels without considering the

⇤cD̄(⇤) channels under the assumption that the widths of the Pc states are saturated by the J/ p,

⌘cp and elastic channels. We also note that the inclusion of the OPE potential does not involve
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Scheme I

Solution A: ηcp
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FIG. 6. Predictions for the line shapes of the ⌘cp invariant mass distributions based on the fit results in
Fig. 4 for solutions A and B of scheme I without the ⇤cD̄(⇤) channels. The blue dotted, orange dashed and
green dot-dashed curves correspond to the predictions from the three fit results (cos ✓Pc -weighted, mKp > 1.9
GeV and mKp-all) of Fig. 4, in order.

any additional parameters, see Sec. II B for the discussion of the coupling constants used, however,

it calls for the inclusion of the S-D counter terms that come with unknown strengths.

1. How to renormalize the OPE and the role of S-D transitions

FIG. 7. Left panel: Best fit results for di↵erent cuto↵s ⇤ using a potential of scheme I plus OPE in the
elastic channels. Only solution B exists in this case. The background is shown as the orange dot-dashed
curve. Right panel: Predictions for the line shapes of the ⌃cD̄ (blue), ⌃⇤

cD̄ (orange), ⌃cD̄⇤ (green), and
⌃⇤

cD̄
⇤ (red) mass distributions.

As noticed in Refs. [65, 66], because of the large mass of the heavy system and the large splittings

between the thresholds treated dynamically, the typical involved momenta are much larger than

those for low-energy two–nucleon scattering, e.g., in the deuteron. In our case, the typical momenta

ptyp ⇠
p
2µ�, with � and µ the largest threshold splitting and the reduced mass of the system, are

⌃cD̄
<latexit sha1_base64="p+ERbmTspiMgpF8847T9alTvzao="></latexit>

⌃⇤
cD̄
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⌃cD̄
⇤
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⌃⇤
cD̄

⇤
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The effect from renormalised OPE:

Fit B shows a much more natural pattern than fit A
⇒     Pc(4440) is 3/2-    and  Pc(4457) is 1/2-    

⇒     experimentally testable via   ⇤b ! K⌃(⇤)D(⇤) and ⇤b ! K⌘cp
<latexit sha1_base64="p1ygA4hFTdIK1PIkZTngJ/mJMvo="></latexit>

mKp > 1.9GeV
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Summary and Outlook
!

!

Testable predictions for spectra

A coupled-channel analysis of 

!

Pc  states as 
⇤b ! K Pc ! K J/ p
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quasi-bound states
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Scheme II

LHCb: mKp>1.9 GeV

Solution A: χ2/dof = 0.90

Solution B: χ2/dof = 0.91
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FIG. 9. The best fits to the di↵erent experimental data [17] for both solution A (blue dashed curves) and
solution B (red solid curves) of scheme II. The corresponding backgrounds are shown as red-dotted and
blue-dotted curves, respectively. The vertical dashed lines from left to right are the ⌃cD̄, ⌃⇤

cD̄, ⌃cD̄⇤, and
⌃⇤

cD̄
⇤ thresholds, respectively.

almost equally well. This is illustrated in Fig. 9.

A general feature of both schemes I and II is that the source couplings P J
↵ are badly determined,

especially for those of the three ⌃⇤

cD̄
⇤ bound states, which are almost invisible in the line shapes,

as can be seen from Tables IV and V in Appendix B. Also, the couplings to the inelastic channels

have sizeable uncertainties. However, the elastic channel interactions, i.e., C 1
2
and C 3

2
, are well

determined and thus the pole positions and their e↵ective couplings to the dominant channels are

quite stable for di↵erent fits, as shown in Table III. The two solutions lead to poles which are

similar to those in scheme I (see also Refs. [35, 61]). The results are insensitive to the form of the

background. Similar to scheme I, the Pc(4312) couples dominantly to the ⌃cD̄ with JP = 1
2

�

, and

the Pc(4440) and Pc(4457) couple dominantly to the ⌃cD̄⇤ with quantum numbers 1
2

�

and 3
2

�

,

respectively, in solution A, and vice versa in solution B. They are all (quasi-)bound state poles

and should be understood as hadronic molecules of the corresponding dominant channels [7]. In

both schemes, there is a narrow Pc(4380) with JP = 3
2

�

located at around 4.38 GeV as a ⌃⇤

cD̄

ΣcD Σc
*D ΣcD* Σc

*D*

A new  Pc(4380) as Σc
∗D   3/2-   is already in current data

⟹

 from fits with pions

⇤b ! K final, final = ⌃(⇤)
c D̄(⇤), ⌘cp and ⇤cD̄

(⇤)
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photoproduction: sensitivity to production process

☛ Data for 

☛ Other data, e.g., 

are needed

Fit A:   1/2-            3/2-

Fit B:   3/2-           1/2-

Pc(4440) Pc(4457) ΣcD∗


